While working on an essay for the first author's course on knot theory in the spring of 2001, the second author discovered a gap in the proof of a central theorem of [Ng] . Here we point out the gap and give a correction. We are assuming familiarity with the notation and constructions of [Ng] . In addition, throughout this paper the word "invariant" always means "finite type invariant" and all invariants are assumed to vanish on the unknot.
Let V n be the set of equivalence classes of knots under the equivalence relation (for two knots K, K ′ ):
The set V n is a group under the operation of connected sum. Let R n be the set of equivalence classes of ribbon knots under the same equivalence relation. As additive rational-valued invariants generate the algebra of all invariants, in (1) one may restrict attention to additive invariants. The gap in [Ng] is in the proof of the following theorem.
Theorem 3.2. R n forms a subgroup of the free Abelian group V n of index two.
The (problematic) proof of this theorem depends of the following two (solid) lemmas:
Lemma 1. [Ng, within the proof of Theorem 3.2] Let K be a knot such that for any rationalvalued invariant v of order < n, v(K) = 0 and let D 1 , . . . , D r be all the distinct non-split n-chord diagrams. Then there exist rational numbers λ 1 , . . . , λ r such that for any invariant
Let n > 2 and let D 1 , . . . , D r be as above. Let λ 1 , . . . , λ r be integers. Then there exists a ribbon knot K(λ 1 , . . . , λ r ) whose invariants of order < n vanish and for which v(K) = r i=1 λ i v(D i ) for any additive invariant of order n. To point at the gap in [Ng] 's proof of theorem 3.2 we need to sketch that proof. First, we need to show that every ribbon knot R has an inverse in R n . We do not need the details of the case when n = 2 here so we do not repeat the proof from [Ng] (note though that that proof uses Arf(R) = 0). Let n > 2 and assume R n−1 is an inverse of R in R n−1 . Using lemma 1 on K = R#R n−1 we find rational λ 1 , . . . , λ r such that for any invariant v of order n, v(R#R n−1 ) = r i=1 λ i v(D i ). Let d be the common denominator of the λ i 's. One may check that R n := (d − 1)R#dR n−1 #K (−λ 1 d, . . . , −λ r d), where K(. . . ) is as in lemma 3.1, is an R n -inverse of R. Suppose for a second that we could construct an inverse in R n for every knot K with Arf(K) = 0, regardless of whether K is ribbon or not. This would imply that R n is of index 2 in V n : if K ∈ V n and Arf(K) = 0, then K has an inverse in R n and hence K is in R n . If Arf(K) = 1 then Arf(K#²) = 0 and by the same logic (K#²) ∈ R n , so R n + (R n #²) = V n . Attempting to repeat the procedure of the previous paragraph in the current context we recursively set K n := (d − 1)K#dK n−1 #K (−λ 1 d, . . . , −λ r d). The problem is that unless d = 1, i.e., unless all λ i 's are integer, the right hand side of this definition contains the term (d − 1)K which isn't necessarily a ribbon knot.
To overcome this difficulty we must start from scratch, this time working with invariants valued in arbitrary Abelian groups. Thus let V ′ n be the set of equivalence classes of knots under the equivalence relation (for two knots K, K ′ ):
The set V ′ n is also a group under the operation of connected sum (e.g. [Gu] ). Let R ′ n be the set of equivalence classes of ribbon knots under the same equivalence relation. According to [St] , in (2) one may restrict attention to additive invariants.
Here is our replacement for theorem 3.2:
Let K be a knot such that for any additive invariant v of order < n, v(K) = 0 and let D 1 , . . . , D r be all the distinct non-split n-chord diagrams. Then there exist integers λ 1 , . . . , λ r such that for any additive invariant v of order n,
Repeat the proof of Theorem 3.2 as in [Ng] and as partially quoted above, except for using additive invariants (valued in an arbitrary Abelian group) rather than rational valued invariants, and using Lemma 1' instead of Lemma 1. This time the numbers λ 1 , . . . , λ r are integers, and thus their common denominator d is 1, and so the 'inverse' K n := (d − 1)K#dK n−1 #K(−λ 1 d, . . . , −λ r d) = K n−1 #K(−λ 1 , . . . , −λ r ) appearing in the original proof no longer contains copies of K and so it is a ribbon knot.
